One of the most classical characterizations of the real exponential function f(x)-e is the fact that the exponential function is the only (modulo a multiplicative constant) nontrivial solution of the differential equation f'=f Our aim in this note is to study the Hyers-Ulam stability of this equation, i.e. to solve for a given c > 0 the inequality }f'(x)-f(x)l _< e, (1) and to study also the related inequality (for all x =/= y) (2) Corresponding author. E-mail: alsina@ea.upc.es 374 C. ALSINA AND R. GER In dealing with (1) and (2) we will solve several inequalities which have their own interest. In what follows I will stand for any real interval and R + for the set of all nonnegative real numbers. A function f will be termed Jensen concave if f satisfies the inequality f((x+y)/2)>_ (f(x)+f(y))/2 and f will be said to be k-lipschitz whenever [f(x)-f(y)] <_ klx-yl for all x, y in the (convex) domain off.
We begin the study of (1) 
where I IR is an arbitrary nondecreasing differentiable function; (ii) the inequality g'(x) <_ g(x) holds for all x in I if and only if g admits the representation g(x) d(x)e x, x I, (4) where d I 1R is an arbitrary nonincreasing differentiablefunction. Proof If g(x)< g'(x) x I, then the function i: I R defined by the formula i(x) g(x)e-x, x I, is differentiable and satisfies
for all x L Therefore is nondecreasing and (4) for all x I which leads to (,) as well.
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Now we turn our considerations to (2) . First we observe that for the class of differentiable functions, (2) reduces to (1) Proof Apply Lemma 5 to the function f+ e. Thus given e > 0 for the class of functions f: I N such thatf(x) >_ e for all x in I and f is nondecreasing and Jensen concave, by combining Theorems 2 and 3 it follows a representation for the solutions of the inequality (2). To find solutions of (2) in a wider class of functions is an open problem.
